hold for all (x 19 , x 2m ) e Ω. Such a function / is necessarily harmonic on Ω since on adding the m equations (1) we see that / satisfies the Laplace equation Moreover, the class of doubly-harmonic functions contains each function that is the real part of a function of m complex variables which is holomorphic on Ω; this can be seen from the Cauchy-Riemann equations applied to each complex variable α; 2A; _ 1 + ix 2k separately. Obviously, if m = 1, the class of doubly-harmonic functions coincides with the class of harmonic functions.
2 Two lemmas* Throughout, we use the notation of our earlier 567 paper [3] . In particular, <p p (H; /), which depends also on a point AeΩ, is defined in (2) of [3] , and θ = (0, , 0) denotes the origin. Proof. As remarked earlier, / satisfies the Laplace equation (2) . Since it is integrable, the expression \ f(X)ψ(X)dX, for a test func-}Ω tion ψ, defines a distribution as we remarked in the proof of Theorem 1 of [3] . This distribution also satisfies the elliptic equation (2) . By Corollary 4.4.1 on p. 114 of Hδrmander [1] , it follows that the function / is analytic on Ω.
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